Erratum to

Phase Transitions on Nonamenable Graphs

J. Math. Phys. 41 (2000), 1099–1126.

by Russell Lyons

On p. 1113, the proof of tail triviality appearing after the proof of Proposition 5.2 is incorrect. The electronic version of the paper on my homepage has a correct proof, which is reproduced here:

To see this, let B be any increasing cylinder event and let A be any tail event. Let G be exhausted by the finite subgraphs G_n. Suppose that n is large enough that B depends on the edges in G_n only. Given M > n, approximate A by a cylinder event C depending only on edges in G_M \ G_n. Let D denote the event that all edges in G_M \ G_n are closed. Then RC^{Gn} (B) = RC^{GM} (B | D) ≤ RC^{GM} (B | C) ,

because RC has positive correlations. Letting M → ∞ shows that RC^{Gn} (B) ≤ FRC(B | C), whence RC^{Gn} (B) ≤ FRC(B | A). Now let n → ∞ to conclude that FRC(B) ≤ FRC(B | A). Since the same holds with ¬A in place of A, this inequality is, in fact, an equality. That is, A is independent of every increasing cylinder event, whence of every cylinder event, whence of every event. In other words, A is trivial. To prove tail triviality for WRC, we use the same proof with G^∗_n in place of G_n, with D being the event that all edges in G^∗_M \ G^∗_n are open, and with reversed inequalities.

Department of Mathematics, Indiana University, Bloomington, IN 47405-5701, USA

rdlyons@indiana.edu
http://php.indiana.edu/~rdlyons/

18 May 2000