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In the proof of Lemma 3.6, ΠeG = G should be ΠeG ∪Π¬eG = G.

In the proof of Theorem 3.3, just before the first displayed equation, n ∈ Z should be

n ∈ N. Replace the first displayed equation by

Yn,e := P̂[Ene | ω] is F¬e-measurable.

Replace the second displayed equation by

P̂[Ene ∩ΠeB] = E
[
P̂[Ene ∩ΠeB | F ]

]
= E

[
Yn,e1ΠeB

]
= E

[
Yn,e P[ΠeB | F¬e]

]
= E

[
Yn,e1Π¬eB∪ΠeB P[e ∈ ω | F¬e]

]
= E

[
Yn,e1Π¬eB∪ΠeBZ(e)

]
≥ E

[
Yn,e1BZ(e)

]
≥ δE

[
Yn,e1B

]
= δ P̂[Ene ∩ B] .

The claim towards the end of the proof that Bm is Γ-invariant is true when W (0) is not

fixed to be o. Furthermore, we still have P̂[Bm] = P̂[Em ∩ Ao ∩ Pem ]. This allows the

application of Lemma 3.13, with the same conclusion. However, em is random and not

part of the setting of Lemma 3.13. That lemma can be extended easily, or one can simply

write that the probability in question is the expectation of the sum of 1[Em∩AW (0)∩Pm
e ]/sr

over e at distance r from W (m), where Pm
e is the event that e is pivotal for C

(
W (m)

)
and

sr is the number of edges at distance r from o.

The three sentences of the first paragraph of the proof of Lemma 4.2 beginning “Let

γ ∈ Γ” should be replaced by the following: “To prove that freq is Γ-invariant, note that

for every γ ∈ Γ, there is an m ∈ N such that with positive probability X(m) = γo. Hence

for every measurable A ⊂ [0, 1] such that α(C) ∈ A with positive probability, we have

α(γC) ∈ A with positive probability. A similar argument shows that if α(γC) ∈ A with

positive probability, then α(C) ∈ A with positive probability.”
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